1. Notation, co denotes the set of natural numbers. An ordinal will be identified with the set of all its predecessors. \A\ and P(A) denote the cardinality and the power set of A. For a set A and an ordinal a, denote
Aa to be the set of all a-sequences over A, Aa = \v\v: a -» A\. A* = U A".
We shall write l(v) = n if v £ An. If v% € A* v2 £ Aa (B C A * C C A a) tot an ordinal, then v.v2 (BC) will denote the result of concatenating fj with v2
(B with C).
For a function /: A -> B, define /«(/) = \b\b £ B,\f-Hb)\>co\.
2. <y-delinability. We shall keep the terminology of [6] .
A (nondeterministic) automaton over an alphabet S is a quadruple 21 = (S, M, S-, F) where 5 is a finite set, the set of states, M is a function M: S x 2 -> P(S), the transition function, S C S is the set of initial states, and F C S is the set of final states.
The rank of « is the least number ra such that \SQ\ < n and \m(s, o)\ < re for every s e S, tr e I An automaton of rank 1 is called deterministic (d.) .
there is a d. automaton 58 = ('/", N, TQ, G) over 2 with G = F and N C M.
Given n < co. An %-run on » tl" is a function r; ra + 1 -• S such that r(0) £SQ and r(i + l) 6 M(r(0, v(i)\ i < n.
An U-run on f e 2" is a function r: w -' S satisfying the above for any z < co.
A word v £ 2", ra < co, is accepted by 21 if there is an 2I-run on v such that r(n) £ F. The set of all words v £ 2* accepted by 21 will be denoted by L(2I). A set AC 2* is called regular if for some automaton 21, L(2I) = A. 21 defines v 6 1W iff there is an 2I-run on v such that Inir) C\ F /= 0.
The set of all v e 1W defined by ?l will be denoted by £(21). A set A C 2" is existentially definable (ED) if for some automaton 21, E(2I) = A.
A C z is ED of rank n if there is an automaton 21 of rank n such that E(2I) = A. An ED set of rank 1 will be called deterministic (d.).
The second notion of the finite acceptor is due to D. Muller [4] .
A Muller automaton over I is a system 21= (S, M, s., F) where S is a finite set, M:Sx 5 ' S, s. e S, and F C PiS) is the set of designated subsets of S.
The Muller (universal) rule of co-definability states:
21 defines v € 2.w iff there is a function r: oj -» 5 satisfying r(0) = s , r(i + l) = Mirii), vii)), i < co, and such that Inir) e F.
The set of all co-sequences defined in such a manner will be denoted by (7(21 To display this, suppose that (1) belonging to nAln(r')).
The above entails the identity E(B) = (7(21), and thus, by Theorem 1, 
